Assume that I = [0,o], E is a Banach space, B -{x e E : ||x|| < b} and f : I x B E is a bounded uniformly continuous function. In this paper we shall give sufficient conditions for the existence of solutions of the Cauchy problem where 771,.
A. Szukala Let (j, be a measure of noncompactness in the above sense. Moreover, we assume 7° ¿t({a}) = 0 for all a e E, 8° n(a + X) = n(X) for a e E and X € M E .
Then, by 5° we have 9° n(XX) < Xn(X) for 0 < A < 1.
Set E^ = {x e E : {x} € kern).
Denote by 5(0, r) the ball with center 0 and radius r. The main result of the paper is the following We define a mapping F by
THEOREM. Suppose that there is a continuous function u
It is known (c/. [4] ) that F is a continuous mapping i=i B B and a function x € C is a solution of (1) - (2) Denote by X a the set of all functions x 6 C(J,E) such that x(0) = 0 and ||x(i) -x(r)|| < K\t -r| for t, r E J. The set X Q is nonempty, bounded, closed, convex and equicontinuous.
Set X n+ \ = convF(X n ) (n = 0,1,...). The mapping F is continuous and maps X a into itself. Since the set X 0 is convex and closed, Similarly X n+ i C X n . Let X n {t) = {x(i) : x 6 X n }. As X n +i C X n , we have X n+1 (t) C X n (t). Hence ti(X n+1 (t)) < n(X n (t)).
Putting v n (t) = n{X(t)), we get 0 < u n+1 (i) < v n (t) (n = 0,1,...) and all these functions are equicontinuous. Therefore the sequence v n (t) converges uniformly to a function Voo(t) = lim n _,oo v n (t) .
First we assume that d < 1.
By (4) for given e > 0 there exists 6 > 0 such that Since / is uniformly continuous and X n is equicontinuous, it follows that for given t > 0 the set of functions 
s I-• (t -s) m~1 f(s,x(s))'
for X e X, n v n+1 (t) = ß{x n+1 (t)) = ß(cöävF(X n )(t)) = n(F(X n )(t)) o The last inequality follows from 9°, because As Xn C Xa, we have ||x(i)|| < Kt for x € Xn. In view of (6) this implies that V»+1 (i) < 5 7 7T7 {t ~ s) m -1 eu^m\s)ds = eu(t), 5 (m-1)! so that (7) vn+i(t) = n(Xn+1 (t)) < eu(t) for t € [0,S) and n = 0,1,...
From (7) it is clear that there exists the integral 
J (m -1)! u(s)
By the Lebesque dominated convergence theorem, we get 
